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/HW $ GHQRWH D VWULFWO\ LQFUHDVLQJ VHTXHQFH RI LQWHJHUV JUHDWHU WKDQ �� DQG OHW
0�$�  IPD � P { �� D � $J� 7KH DXWKRUV FDOO $ D %HVLFRYLWFK VHTXHQFH LI
0�$� KDV DQ DV\PSWRWLF GHQVLW\� LI WKLV GHQVLW\ HTXDOV �� WKHQ $ LV D %HKUHQG
VHTXHQFH� ,W ZDV VKRZQ E\ %HVLFRYLWFK LQ ���� WKDW WKHUH DUH VHTXHQFHV $ IRU
ZKLFK 0�$� GRHV QRW KDYH D GHQVLW\� ,Q ����� (UGR̀V REWDLQHG D FULWHULRQ IRU
$ WR EH D %HVLFRYLWFK VHTXHQFH� DQG D VKRUW SURRI RI KLV UHVXOW LV LQFOXGHG LQ
WKLV SDSHU�
7KH DXWKRUV SURYH VHYHUDO WKHRUHPV FRQFHUQLQJ %HVLFRYLWFK VHTXHQFHV� )RU
H[DPSOH� 7KHRUHP � VWDWHV WKDW $  ID�� D�� � � � J LV D %HVLFRYLWFK VHTXHQFH LI�
IRU VRPH z[HG SRVLWLYH LQWHJHU N� HYHU\ JFG�DL� DM�� L � M� KDV DW PRVW N GLVWLQFW
SULPH IDFWRUV�
/HW q�Q�$� GHQRWH WKH QXPEHU RI GLYLVRUV RI Q EHORQJLQJ WR $� VR 0�$�  
IQ � q�Q�$� ! �J� DQG OHW $�N� GHQRWH WKH N�WK GHULYHG VHTXHQFH RI $� VR
0�$�N��  IQ � q�Q�$� ! NJ� 7KH UHPDLQLQJ WKHRUHPV SURYLGH TXDQWLWDWLYH
IRUPV RI WKH UHVXOW WKDW q�Q�$� � � S�S� ZKHQHYHU $ LV %HKUHQG� DQG WKHVH
DUH VWDWHG LQ WHUPV RI WKH ORJDULWKPLF GHQVLW\ WN�$� RI IQ � q�Q�$� � NJ� )RU
H[DPSOH� WKH DXWKRUV SURYH LQ 7KHRUHP � WKDW
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ZKHUH SM GHQRWHV WKH M�WK SULPH�
(�-�6FRXUzHOG �(JKDP�

&ODVVLzFDWLRQ�
��1�� 'LVWULEXWLRQ RI LQWHJHUV ZLWK VSHFLzHG PXOWLSOLFDWLYH FRQVWUDLQWV
��%�� &RPELQDWRULDO QXPEHU WKHRU\

.H\ZRUGV�
VHWV RI PXOWLSOHV� VWULFWO\ LQFUHDVLQJ VHTXHQFH RI LQWHJHUV� GHQVLW\� %HKUHQG
VHTXHQFH� %HVLFRYLWFK VHTXHQFHV� QXPEHU RI GLYLVRUV� ORJDULWKPLF GHQVLW\
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