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This paper establishes the following interesting and deep results about the
arithmetic function A, defined by A(n) = o(n)/d(n), i.e. A(n) is the arithmetic
mean of the divisors of n: If N(z) denotes the number of integers n with n < x
and A(n) not an integer, then

(1) N(x) = zexp <—(1+o(1))2\/log2\/loglog:1:> ,

(2) Z A(n) ~ cz*(logz)~'/2, with ¢ an explicity given constant,

n<x

(3) Z 1 ~ Axlogx, again with \ an explicity given constant.
A(n)<wz

Another teorem, in connection with (1), is the following: Denote for every
positive real number 3 the number Hp"'||n pleBl by (n®). Then for any € between
0 and 2, the set of integers n for which (d(n)*~¢)/sigma(n) has asymptotic
density 1, the set of n for which (d(n)?*T¢)/c(n) has asymptotic density 0,
and the set of n for which d(n)?/o(n) has asymptotic desity 1/2. The proofs
are long and complicated, with applications of results from various parts of
number theory. To mention only a few: sieve methods, the generalized Erdés-

Kac theorem and Tauberian theorems of Delange.
H.Jager
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