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The author studies various properties of subsets A = {a1 < az < --- < ap < n}
of integers from 1 to n. The sequence A is said to have the property P,(n) if no
a; divides the product of r of the others. A is said to have the property P(n)
if no a; divides the product of the others. It is said to have the property Q(n)
if the products a,;a; are all distinct. To his results in [Izv. Nauk. Inst. Mat.
Mekh. Univ. Tomsk 2, 74-82 (1938; Zbl 020.00504)] he adds further results in
this paper. to state them he defines some arithmetical functions. Let S,, denote
all the integers from 1 to n. Let f,.(n) denote the smallest integer such that
Sy, can be decomposed into g(n) sets each with the property @(n). The author
proves the results 2n'/2 > f,(n) > n'/?/logn and 2n'/? > g(n) > n'/3/logn.
Next he proves the results that for every & > 0, there holds n!=%/" > f.(n) >
en' "7 Another result about the divisor properties is that if A has the
property that the product of any two a; is a multiple of all the others, then
2log 2 ) logn
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more result. Let F(n) be the smallest integer for which S,, can be decomposed
into F'(n) sets {A;}1 <i < F(n) each having the property P. Then

log(max k) is asymptotic to (

F(n) = nExp((—c+ o(1))(log nloglogn)'/?).

The author discusses many other deep results about sets A with a; + a; all
distinct and so on. As usual the paper is full of interesting problems and partial
solutions (sometimes complete solutions) and ¢ would request the readers to
consult the paper for more details.
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