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7KH SDSHU� SUHVHQWHG DW WKH zIWK %DONDQ &RQJUHVV� KHOG LQ %HRJUDG LQ �����
FRQVLVWV RI WKUHH SDUWV LQ HDFK RI ZKLFK D GLhHUHQW VXEMHFW LV WUHDWHG� 3DUW ,
FRQVLGHUV WKH SUREOHP RI zQGLQJ DQ HVWLPDWH IURP DERYH IRU 6�[�� WKH QXPEHU
RI LQWHJHUV Q � [ IRU ZKLFK WKHUH LV D QRQ�F\FOLF VLPSOH JURXS RI RUGHU Q�
/HW 9 GHQRWH WKH VHTXHQFH RI LQWHJHUV Y� � Y� � � � ZLWK WKH SURSHUW\ WKDW IRU
HYHU\ SULPH S YL� YL KDV D GLYLVRU GL j �� PRG S�� GL ! �� )XUWKHU 8 GHQRWHV
WKH VHTXHQFH RI LQWHJHUV �XL� IRU ZKLFK WKLV SURSHUW\ KROGV DW OHDVW IRU WKH
ODUJHVW SULPH GLYLGLQJ XL� ,I 9 �[� DQG 8�[� GHQRWH WKH QXPEHU RI LQWHJHUV QRW
H[FHHGLQJ [ LQ WKH UHVSHFWLYH VHTXHQFHV� WKHQ 6�[� � 9 �[� � 8�[�� ,W LV WKHQ
SURYHG WKDW
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ZKLFK LPSURYHV DQ HDUOLHU UHVXOW RI 'RUQKRh DQG 6SLW]QDJHO IRU 6�[�� 7KH PDLQ
WRRO LV GH %UXLMQ
V ZHOO�NQRZQ UHVXOW RQ WKH QXPEHU RI LQWHJHUV QRW H[FHHGLQJ
[� DOO ZKRVH SULPH IDFWRUV DUH QRW JUHDWHU WKDQ \� ,W LV FRQMHFWXUHG WKDW
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3DUW ,, GLVFXVVHV D SUREOHP GXH WR +DGZLJHU� /HW '�Q� GHQRWH WKH VHW RI
LQWHJHUV ZLWK WKH SURSHUW\ WKDW LI N � '�Q� WKHQ WKH Q GLPHQVLRQDO XQLW FXEH
FDQ EH GHFRPSRVHG LQWR N KRPRWKHWLF Q GLPHQVLRQDO FXEHV� /HW F�Q� EH WKH
VPDOOHVW LQWHJHU VXFK WKDW N { F�Q� LPSOLHV N � '�Q�� ,W LV SURYHG WKDW
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DQG D QXPEHU RI UHODWHG QXPEHU WKHRUHWLFDO SUREOHPV DUH GLVFXVVHG�
3DUW ,,, LV GHYRWHG WR WKH IXQFWLRQV � DQG 
� 6HYHUDO SUHYLRXV UHVXOWV RI WKH
DXWKRU DUH PHQWLRQHG DQG� DV JRHV ZLWKRXW VD\LQJ IRU D SDSHU RI (UGR̀V
V� YDULRXV
XQVROYHG SUREOHPV DUH VWDWHG� )LQDOO\� WKLV SDUW RI WKH SDSHU FRQWDLQV VRPH QHZ
UHVXOWV ZLWK KLQWV RI WKHLU SURRIV� :H PHQWLRQ RQH�
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ZLWK p WKH IXQFWLRQ WKDW FRXQWV WKH GLhHUHQW SULPH IDFWRUV RI Q�
+�-DJHU

&ODVVLzFDWLRQ�
��1�� $V\PSWRWLF UHVXOWV RQ DULWKPHWLF IXQFWLRQV
��$�� $ULWKPHWLF IXQFWLRQV� HWF�
����� 5HVHDUFK PRQRJUDSKV �QXPEHU WKHRU\�
��'�� &ODVVLzFDWLRQ RI VLPSOH DQG QRQVROYDEOH zQLWH JURXSV
��+�� *HRPHWU\ RI QXPEHUV
��$�� 3UREOHP ERRNV
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