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Let a1 < az < .-+, A(z) = ), ., 1 be an infinite sequence for which (1)
ar =a;, +--+a; ,i<--- <i. <k, is not solvable. I prove that A(z)/xz — 0
and that > ai < 103. Further I show that A(x) = o(x) is best possible, but

there always exists a sequence z; — oo for which (2) A(z) < le(\/g—1)/2. On

the other hand, there exists a sequence A for which (1) has no solutions, but
A(x) > cx?®/7 for every x. Perhaps (2) can be improved, but the exponent
can certainly not be made smaller than 2/7. Consider now the sequences A
for which the equation (1°) ay, + -+ +ap, = a;, + - +a,, 11 < - < 71g;
[y < -+ <ls,; $1 # S2, is not solvable for every choice of s; # so. There exists
such a sequence with A(x) > ¢¢ for every z if « is sufficiently small. On the
other hand, I show by using Rényi’s strengthening of the large sieve of Linnik
that if A is such that (1°) has no solutions, then A(x) < cx®/6 for every z if
c is a sufficiently large absolute constant. Perhaps the exponent 5/6 can be
improved, but I have not succeeded in doing this.
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